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obgervation [1 0 1] pl0l = -1/27*x"2+1/18*x*y+1/27*y"2-1/54*%x-5/54*y+1/6 ~-
hidden [0 0 0] 1/2*s0072*t£00*t0172 1/27*x"2 )

n hidden [0 0 11 1/2*s00*s01*t00*t01*tl1l1 2/27*x*(1-x) [
x hidden [0 1 0] 1/2*s01*s10*t0172*t10 1/54*(1-x)*(1-y) §>o G
hidden ([0 1 1] 1/2*s01*s1l1*t01*t10*tl11 1/27*(1-x)*y
g hidden [1 0 0] 1/2*s10*s00*t11*t00*t01 2/27*(1l-y)*x a4 ¢
§ hidden [1 0 1] 1/2*s10*s01*t11°2*t00 4/27*(1-x)*(1l-y) ::: N
Q. hidden (1 1 0] 1/2*g11*s10*t£10*t11*t01 1/27*y*(1-vy) S (o)
f; hidden [1 1 1] 1/2*s1172*t10*t1172 2/27*y"2 Qﬁ“ <§:
g P
e $ >
3 observation [1 1 0] pll0 = 1/54*x7°2-2/27*y"2-1/54*%x+2/27*y+1/9 “ (\\*P
hidden [0 0 0] 1/2*s0072*t00*t0172 1/27*x"2
hidden [0 0 1] 1/2*s00*s01*t0172*t10 1/54*x*(1-Xx) ~ &
hidden [0 1 0] 1/2*s01*s10*t00*t11*t01 2/27*(1-x)*(1l-vy) *%? ‘E
hidden {0 1 11 1/2*%s01*s11*t01*t10*t11 1/27*(1-x)*y o O
hidden [1 0 0] 1/2*s10*s00*t11*t00*t01 2/27*(1-y)*x & <;:3_
hidden [1 0 1] 1/2*s10*s01*t10*t01*t11 1/27*(1-x)*(1l-y) -
hidden [1 1 0] 1/2*s11*g10*t1172*t00 4/27*y*(1-y) “9 <~
hidden f1 1 1] 1/2*%s117°2*t10*t1172 2/27*y"2 ii?

g)
observation (11 1] plll = -1/54*x"2+2/27*y"2-1/27*x+1/27*y+1/9 (Q’};l) %
hidden [0 0 0] 1/2*s0072*t0173 1/54*x"2 Q§§§i> ig
hidden [0 0 1] 1/2*s00*s01*t0172*tll 1/27*x*(1-x) G 3
hidden [0 1 0] 1/2*s01*sl0*t0172*tl1l 1/27*(1l-x)*(1l-y) = -1
hidden [0 1 1] 1/2*s01*s11*t01*tl1l1"2 2/27*(l-x)*y <1:\ ——
hidden [1 0 0] 1/2*sl10*s00*t11*t0172 1/27*(l-y)*x
hidden (1 0 1] 1/2*s10*s01*t1172*t01 2/27*(1-x)*(1-y)
hidden [1 1 0] 1/2*s11*s10*t1172*t01 2/27*y*(1l-y)
hidden [1 1 1] 1/2*sl1172*t1173 4/27*y"2

This defines a surface in the 7-dimensional
probability simplex. The prime ideal of this
surface is generated by the six equations

p000 + p001 + p010 + pO1l1l

1/2,
pl00 + pl0l + pll10 + plll = 1/2,

4 p001 + 5 p010

5 pl01 + 4 pllo

XX = X * X

b'a% = X *vy

Yy = Yy *y “

\.\
where hd

XX = 6 p01l0 - 12 p011 - 18 pl01 - 12 pli0 + 6 plll + 4
Xy = - 9 p010 - 18 p011 + 9 pl01 + 18 pl10 + 18 plll - 2
yvy = - 3/2 p0l0 - 6 p0l1l1l - 9/2 pl01 - 6 pll0 + 12 plll + 1
X = - 12 p010 - 12 p011 + 6 pllo + 6 plll + 2
2% - 6 p010 - 6 p01l1 + 12 plilo0 + 12 pl111 - 1



